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a b s t r a c t
A novel and simple beach-evolution model for estimating shoreline rotation at sandy pocket beaches is
presented. The model is based on the assumption that the instantaneous changes to the planview shape of the
shoreline depend on the long-term equilibrium planview shape. Two years of shoreline observations extracted
from video images of three artiﬁcially embayed beaches of Barcelona and hourly wave timeseries are used to validate the model. Numerical model results and ﬁeld observations show an excellent agreement with an RMSE less
than 1.5 m. The model successfully reproduced the shoreline response over a range of scales (months and years).
Because of its simplicity and its computational efﬁciency, the model provides a powerful tool to understand the
dynamics regulating the evolution of pocket beaches and predict temporal patterns in beach rotation.
© 2013 Published by Elsevier B.V.

1. Introduction
Changes in the shoreline location of sandy beaches are the result of a
large number of processes and mechanisms which interact on a variety
of spatial and temporal scales (e.g., De Vriend et al., 1993a, 1993b).
Beaches are in fact complex dynamic systems and respond to waves
and currents through a series of changes that can occur at different
time scales (Werner, 2003). In the last decade, several approaches
have been developed for predicting beach changes induced by wave action. The approaches can be broadly divided into two categories: datadriven and process-based. The term data-driven refers to models that
entirely rely on the presence of a pre-existing data-set to develop
what is usually a site-speciﬁc predictor. An example of a simple datadriven model is a regression analysis relating changes in shoreline position to some averaged measure of the previous offshore wave climate.
Analyses of this type have been presented by several authors also for
the study of beach rotation on embayed (e.g., Harley et al., 2010) or
pocket beaches (e.g., Ojeda and Guillén, 2008; Turki et al., 2013).
Other more complicated data-driven predictors can also be developed
(e.g., artiﬁcial neural networks) but the theoretical approach remains
the same. Overall, these models tend to be site-speciﬁc and generally require an extensive data set for calibration purposes. At the opposite end
of the spectrum one can ﬁnd the so-called process-based models which
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entirely rely on the presence of a set of equations to address the balance
between the driving forces and the shoreline response. Also in this case
a variety of models with different degree of complexity have been proposed: from models addressing only the behavior of the shoreline under
the presence of a longshore current (e.g., GENESIS, Hanson, 1989) to
models that address as many processes and interactions as computationally feasible (e.g., DELFT3D, Roelvink and Van Banning, 1994). In
this context, it is worth pointing out that a model built including more
processes does not necessarily results in more precise predictions. In
fact, at present, from the standpoint of their practical application to
coastal management, such complex models may be still considered to
be at a relatively early stage of development and require tuning of calibration coefﬁcients (e.g., friction coefﬁcient) or present approximate
description of processes (e.g., use of a single grain size). For this reason,
highly simpliﬁed models, often termed as “heuristic”, have also been
proposed. The term heuristic is usually associated to the development
of models that look at the system's behavior over long temporal scales
and assume that under steady wave forcing there is an equilibrium conﬁguration. For example, the assumption of equilibrium shapes for the
cross-shore beach proﬁle (e.g., Dean, 1977; Larson and Kraus, 1989;
Plant et al., 1999) remains a powerful tool to study the effect of engineering schemes (e.g., Dean, 1991) or even the effect of climate change
on shoreline erosion (e.g., Bruun, 1954).
For the speciﬁc case of predicting planform shoreline changes, a
semi-heuristic/conceptual approach has also been proposed. Wright
et al. (1985) developed a model to study beach morphology using the
Dean parameter Ω = Hb / (wsT) (Gourlay, 1968; Dean, 1973) which is
a function of the breaking wave height, Hb, the sediment fall velocity,
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ws, and the wave period, T. Wright et al. (1985) studied shoreline
changes under the hypothesis that its instantaneous response depends
on the instantaneous “disequilibrium” which is the difference between
the instantaneous and the equilibrium wave energy. They found that
the equilibrium beach state is related to the long-term wave climate
and that the shoreline response is not particularly well correlated to
the instantaneous energy conditions. The “equilibrium” approach has
also been pursued by other authors using numerical simulations
(e.g., Kriebel and Dean, 1985; Larson and Kraus, 1989). Observations
of physical beach processes suggested that shoreline response to
steady-wave conditions is approximately exponential in time and may
be approximated using:


−αt
yðt Þ ¼ yeq  1−e

ð1Þ

where y(t) is the shoreline position at time t, yeq is the equilibrium
shoreline position determined by the forcing at time t, and α is a constant governing the rate at which the shoreline approaches equilibrium.
The response suggested by Eq. (1) has been observed in small- (Swart,
1974) and large-scale (e.g., Sunamura and Maruyama, 1987) laboratory
experiments as reported by Larson and Kraus (1989). The differential
equation governing the exponential beach response to steady-wave
conditions is given as:


dyðt Þ
¼ α  yeq −yðt Þ
dt

ð2Þ

This relation was also used by Miller and Dean (2004) to develop and
calibrate a simple model which relates shoreline change to its disequilibrium position using a number of hydrodynamic (e.g., wave conditions, and tides) and morphological (e.g., berm height) parameters.
More recently, Yates et al. (2009) used a 5-year dataset of shoreline
location and wave conditions to develop a simple equilibrium shoreline
model able to reproduce the movement of the cross-shore beach proﬁle.
This model assumes that the shoreline response to the wave energy
is not sensitive to wave direction and does not take into account
the water level. Overall, Eq. (2) has proved useful to study physical processes related to shoreline variability and has been successfully utilized
to model shoreline changes associated with cross-shore processes
(Davidson and Turner, 2008; Davidson et al., 2011).
The focus of the present work is the development of a robust model
based on Eq. (2) and capable of forecasting shoreline changes over long
timescales and with a quantiﬁable degree of accuracy. Two years of
observations of shoreline position and wave timeseries at Barcelona
beaches, described in Section 2, are used to validate the beachevolution-model developed in Section 3. Results are presented in
Section 4 while the performance of the model and its applicability
are discussed in Section 5.
2. Field observations
Three artiﬁcial embayed beaches of Barcelona, on the north-eastern
coast of Spain (NW Mediterranean) (Fig. 1a) were studied in the
present work. These sandy beaches are affected by the same wave conditions but have different morphological characteristics. Bogatell and
Nova Icaria are characterized by a coarser mean grain size (0.75 mm)
while the beach length is 600 m at Bogatell and 400 m at Nova Icaria.
The length of the third beach studied, Somorrostro, is the same as
Nova Icaria though the sediment is ﬁner (mean grain size of 0.45 mm).
2.1. Wave data
Hourly wave data were obtained from a hindcast analysis for the period between 1991 and 2008 (Reguero et al., 2012). The hindcast wave
database has a temporal resolution of 1 h and provides spectral sea state
parameters in deep water including signiﬁcant wave height, Hs, mean
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period, Tm, peak period, Tp, and mean direction with respect to the
North, Dir. Hindcasts were calibrated with instrument data and were
propagated to the breaking using the SWAN model. A detailed description of this analysis can be seen in Reguero et al. (2012). Once propagated, the wave height, Hb, and the wave direction, Dirb, at breaking were
determined. Timeseries of Hb and Dirb between 2005 and 2007 are plotted in Fig. 2a.
2.2. Video data
Daily mapping of the shoreline position at the three embayed
beaches of Barcelona was performed by Turki et al. (2013) from
March 2005 to March 2007 using a video system (Holman and
Stanley, 2007) installed on October 2001 in a nearby building at a height
of 142 m (Fig. 1a). The system is composed of ﬁve cameras but in this
study only camera C1 and C5 are considered. Camera C5 covers the
Bogatell and Nova Icaria beaches while Somorrostro is captured by
camera C1. Images were provided by the Coastal Ocean Observatory at
the Instituto de Ciencias del Mar-Consejo Superior de Investigaciones
Cinetiﬁcas (ICM-CSIC) in Barcelona (Spain). Shorelines, all related to
the same tide level (0.2 m), were extracted from the time-exposure
video images, and the shoreline position was measured at a series of
cross-shore proﬁles (from P1 to P10, see Fig. 1b). Results of videoderived shorelines were smoothed using a cubic interpolation and compared favorably (differences less than 1.2 m) with measurements of
shoreline positions obtained through differential Global Positioning System survey (Turki et al., 2013).
2.3. Shoreline rotation
Shoreline rotation was studied at Barcelona beaches during a period
of two years (March 2005–March 2007) when human activities (beach
nourishments and sand redistribution along the beach after storms)
were carried out. Shoreline rotation was evaluated along a series of
cross-shore proﬁles (from P1 to P10) spaced in time between 1 to
4 days depending on the availability of the video images (an example
of the resulting timeseries is illustrated in Fig. 2b where observations
from Nova Icaria beach are presented). Under the assumption of linear
shape of the shoreline and a constant cross-shore proﬁle, Turki et al.
(2013) used the shoreline data to develop a simpliﬁed model which
separates the overall shoreline movement into the contributions of rotation and translation.
3. Model development
3.1. Basic assumptions
According to the overview presented in the introduction, natural
variability in shoreline position could be studied using a simple equilibrium approach as initially proposed by Wright et al. (1985) and then
further explored by other authors (e.g., Miller and Dean, 2004; Yates
et al., 2009). This approach is pursued in this research and has been applied to describe changes in the plan-form rotation of pocket beaches.
An approach based on plan-form equilibrium implies a series of hypotheses which will be described in detail in the remaining of this section.
The total shoreline movement is a combination of a cross-shore proﬁle translation and a plan-form rotation. We assume that the plan-form
rotation is essentially independent of the cross-shore beach translation
and is produced around a pivotal point acting as a central axis of the
beach (hypothesis 1). The pivotal point is generally located in the center
region of the beach, as shown Fig. 3, where the beach rotates from its
initial position (dashed-black line) to a new position (solid-black line)
under steady conditions.
Furthermore, hypothesis 2, the cross-shore beach proﬁle has an
equilibrium form and maintains its shape along the coast at all times, including when extreme changes are produced by storms. This approach
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Fig. 1. (a) Study area; Barcelona City beaches. (b) Oblique video images: Camera 1 (C1) shows Somorrostro beach. Camera 5 (C5) shows Bogatell and Nova Icaria beaches. The white dashed
line shows the reference line for the calculation of the shoreline position while the black lines indicate the position of the cross-shore proﬁles used to analyze beach rotation.

has been used in most studies dealing with beach plan-form and originated with the mathematical study of Pernard-Considère (1954) to analyze shoreline response to wave action.
The 3rd hypothesis is simply related to the lack of sources or sinks
affecting the overall sediment balance of the beach. This is a typical hypothesis in morphodynamic studies and essentially implies that sediments are conserved and characterized by their same mean size
(which is also assumed to not change over time).
The parabolic conﬁguration of the beach plan-form can be simpliﬁed
into a linear shape (Fig. 4a). Under steady wave conditions, the initial
shoreline (dashed-black line) moves to a new position which implies,
for example, an advance (R) of the right section of the beach or a retreat
(−R) of the left one. In terms of sediment transport, an alongshore
movement of sand from the updrift end to the downdrift one (black arrows in the ﬁgure) is produced generating erosion at one end of the
beach (−R and −V) and accretion (+R and +V) at the opposite end.
If the cross-shore proﬁle shape does not change and the shoreline is
linear, any position of the shoreline is sufﬁcient to describe changes
resulting from steady wave action. We hypothesize that sand is

redistributed along the beach at a constant rate (hypothesis 4) and
that when the wave climate changes, the beach responds uniformly
by altering its orientation to respond to the new wave conditions.
Finally, hypothesis 5, the alongshore sediment transport can be
expressed in terms of breaking wave quantities (wave height and
angle between the shoreline position and the wave crest) and the alongshore gradient in wave height is null or negligible. This implies that
nearshore currents associated to gradients in wave height (e.g., the
cell circulation associated to the presence of rip currents) are not simulated and their effect on morphological change is disregarded.
3.2. Governing equations and parameter description
Under the hypotheses previously introduced, the rate of shoreline
can be described as proportional to the difference between
response dR
dt
the instantaneous position, R(t), and its long-term equilibrium one, R∞:
dRðt Þ
¼ ω  ðR∞ −Rðt ÞÞ
dt

ð3Þ
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Fig. 2. (a) Timeseries of wave height (Hb) and direction (Dirb) at Barcelona beaches extracted from hindcast data between 2005 and 2007. (b) Two-year shoreline rotation at Somorrostro
beach. Rotation is maximum near the edge of the beach (P1 and P10) and minimum (or zero) at the central sections (P5 and P6) which approximately corresponds to the beach pivotal point.
An example of a rotation event is shown in February 2006 (the black and white dotted lines help visualizing the counter-clockwise shoreline rotation).

Fig. 3. Sketch of shoreline rotation. The initial position (dashed-black line) rotates to the new one (solid-black line) under steady wave conditions resulting in an overall shoreline movement R at the edge of the domain.
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Fig. 4. (a) Simpliﬁed model of shoreline rotation. The beach plan-form is assumed to be linear and rotates around a pivotal point (black circle) from an initial position (dashed–dotted black
line) to a new one (solid black line) generating a retreat on one side (−R) and an advance on the other (+R). This corresponds to a loss (−V) and gain (+V) of sediment at both sides of
the beach. (b) Synopsis of shoreline rotation under two different steady wave conditions produced successively at t1 and t2. The theoretical equilibrium conﬁgurations (constant wave
forcing) would be related to angles β1 and β2 while the angle between the shoreline and the wave crests at the end of t1 and t2 are α1 and α2, respectively. The theoretical equilibrium
conﬁgurations R∞1 and R∞2 and the values associated to the ﬁnite duration of the wave climate, R1 and R2, are also displayed.

where ω is the rate of beach change. A simpliﬁed process of beach rotation
is shown in Fig. 3b. From the initial beach plan-form (dashed-black line), a
rotation can be produced assuming steady wave conditions. The beach
plan-form could not reach its equilibrium response R∞ instantaneously
and its rotation is limited to a response
R.

 The rationale behind Eq. (3) is
that the rate of shoreline response dRdtðt Þ is determined by two parameters: (1) the equilibrium shoreline response R∞ and, (2) the beach change
rate ω which is inversely proportional to the characteristic time scale, Ts,


of the shoreline response ω ¼ T1 Ts governs the time required for the
s

shoreline to respond to new forcing conditions and to reach a new equilibrium position. For a constant value of Ts, Eq. (3) can be solved analytically and has the following exponential form (Kriebel, 1986):


− 1 t
Rðt Þ ¼ R∞  1−e T s :

ð4Þ

The shoreline response R reaches 64% of its equilibrium value after a
period of time equivalent to Ts while over 99% of the equilibrium response would be achieved after a time equal to 5Ts (Kriebel, 1986). Ts
decreases with increasing energy conditions and is directly proportional
to the physical characteristics of the beach, such as the beach length and

the sediment grain size. In reality, because of the changing wave conditions, the characteristic time scale Ts changes over the time.
3.2.1. Equilibrium shoreline response (R∞)
The equilibrium shoreline response can be reached if the initial position of the beach were allowed to respond instantaneously to wave forcing or if wave conditions did not change for duration equal or longer
than 5Ts. The equilibrium response R∞ can be thought as the potential
rotation of the shoreline to become parallel to the angle of wave crest
at breaking, β. However, in the model wave conditions change every
hour leading to a rotation of the initial plan-form with an angle α smaller than β. These parameters are described in Fig. 4b where the beach is
subjected to two different wave ﬁelds each characterized by a different
direction. Under the ﬁrst wave ﬁeld, an equilibrium shoreline response
R∞1 (dotted black line) could potentially be achieved. The equilibrium
shoreline position would be characterized by an angle β1 (corresponding to the angle between the initial shoreline position, dashed–dotted
black line, and the wave crest associated to t1). In reality, in one hour
(before the sea state changes) beach movement is limited (R1 b R∞1)
and the shoreline rotates only of an angle α1 (α1 b β1). As a result of
the second sea state, wave conditions produced at the time t2 generate
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R∞2 (dotted gray line) and R(t2) (gray line). Assuming l is the beach
length (Fig. 3), R∞ and R can be calculated geometrically as:
R∞ ¼

l
 tanðβÞ
2

Rðt Þ ¼

ð5Þ

l
 tanðα ðt ÞÞ:
2

ð6Þ

Notice that we have dropped the time-dependency for variables deﬁning equilibrium states and for variables describing the forcing conditions (including the depth of closure). Only for instantaneous values
(i.e., for calculations within a deﬁned sea-state), the time-dependency
is maintained.
3.2.2. Characteristic time scale (Ts)
This term represents the time required for the beach to reach its
equilibrium shape under certain forcing conditions. Ts increases with
the length of the beach (more sediment needs to be moved to allow
for plan-form rotation) and decreases for high energetic conditions
(more energy is inputted into the system). In this section, an analytical
expression for Ts will be developed. Similar to Kriebel (1986), and assuming that beaches have constant cross-shore proﬁles, the relative volume change is the same as the relative shoreline response
Rðt Þ V ðt Þ
¼
:
R∞
V∞

ð7Þ

Therefore, the volume change generated under steady forcing conditions can be described by the differential equation:
ð8Þ

, is proportional
Eq. (8), the rate of volumetric change, dV
dt

According to
to the difference between the time-dependent volume (a steady forcing
of 1 h is considered in the model), V(t), and the equilibrium one, V∞.
These volumes can be determined geometrically as a function of R∞
and R(t):
l

V ∞ ¼ 0:5  h   tanðβÞ ¼ 0:5  h  tanðβÞ
2




ð9Þ

k ¼ 1:4  e

l
 l
 Rðt Þ ¼ 0:5  h   tanðα ðt ÞÞ
4
2

Il
ðρs −ρw Þ  g  a′

ð14Þ

dV ðt Þ
¼ K  E F m  sinð2  γb ðt ÞÞ
dt

ð15Þ

where K is a coefﬁcient deﬁned as
ð10Þ

ð11Þ

where ρs and ρw represent the sediment and water density, respectively, g is gravity, a′ a coefﬁcient depending on the sediment porosity
P(a′ = 1 − P) and Il is the immersed-weight transport rate deﬁned also
by Inman and Bagnold (1963) as:
Il ¼ k  E F m  sinðγ b ðt ÞÞ  cosðγ b ðt ÞÞ

:

According to hypothesis 5, alongshore sediment transport is parameterized only in terms of breaking wave quantities and plan-form beach
rotation is assumed to be governed by currents associated to
 the oblique
wave approach. Therefore, the rate of volumetric change dVdtðtÞ is described using Eqs. (11) and (12) as:

2

where h⁎ is the closure depth of the beach proﬁle (Fig. 5).
For the case of beach rotation, the rate of volume change is related to
alongshore gradients in sediment transport. Inman and Bagnold (1963)
and Komar and Inman (1970) described the alongshore volumetric sediment transport rate, Sl, as:
Sl ¼

EFm is the magnitude of the energy ﬂux per unit of wave crest length.
k represents a dimensionless proportionality coefﬁcient which depends
on the mean grain size of the sediment. Following Valle et al. (1993),
this coefﬁcient is deﬁned as:
−2:5D50

dV ðt Þ 1
¼  ðV ∞ −V ðt ÞÞ:
dt
Ts

V ðt Þ ¼ 0:5  h 

Fig. 5. Sketch of the simpliﬁed beach geometry considered for the evaluation of sand volumes associated to beach change between two successive time instances.

ð12Þ

K¼

k
:
ðρs −ρw Þ  g  a′

ð16Þ

Substituting Eqs. (9), (10) and (15) in Eq. (8), Ts can be expressed as:
T s ðt Þ ¼

2

l  h  ð tanβ− tanα ðt ÞÞ
⌢
4  K  E F m  sinð2  γ b ðt ÞÞ

ð17Þ

where all variables have been previously deﬁned. In this context it is
worth reiterating that, within a deﬁned sea state (each sea state is
one-hour long) we assume steady wave conditions (β, EFm and h⁎are
constant). EFm is expressed as a function of the wave height (Hb), the
wave celerity (Cb) at breaking and nb (a coefﬁcient relating the group
celerity Cg to the celerity C):
E Fm ¼

1
2
 ρ  g  H b  C b  nb :
8 w

ð18Þ

where γb(t) represents the instantaneous angle between the wave crest
at breaking and the long-term equilibrium shoreline, β. Referring back
to Fig. 4, we can then deﬁne:

Following Van Rijin et al. (2003), the initiation of sediment motion
occurs above critical conditions
 which
 can be parameterized using the
^ cr :
critical depth-averaged speed U

γ b ðt Þ ¼ β−α ðt Þ:


1
2
2
U cr ¼ 0:014  T P  ðs−1Þ  g  D50 3 :

ð13Þ

ð19Þ
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where

At the same time, the critical wave height Hcr is given as:
H cr ¼



pﬃﬃﬃ
1
2πh
^  2
 T P  sin
U
cr
π
L

ð20Þ

where Ts is the peak wave period, h is the water depth and L is the
wavelength.
It follows that the magnitude of the energy ﬂux required to move
sediments, EFr, can be written as
E Fr ¼

1
2
 ρ  g  ðH b −H cr Þ  C b  nb :
8

ð21Þ

In line with other studies (e.g., Birkemeier, 1985) the closure depth
has been expressed as a function of the local wave height using the expression by Capobianco et al. (1997):


h ¼ C c :ðH s Þ

0:67

ð22Þ

where Cc is a constant that differs from one beach to another and usually
varies between 2.4 and 3.4 (we used a value of 2.8), and Hs is the significant wave height deﬁned for each hourly sea state.
The terms α(t) and γb(t) vary in time but a relation between both
angles and the equilibrium angle can be deﬁned using Fig. 4. At time
t1, the initial shoreline position (dashed–dotted black line) rotates by
an angle α1(t) and at the end of the beach moves a distance R(t) (solid
black line). The equilibrium terms are β1 and R∞1 (dotted black line).
At time t2 wave direction has not changed and, similar to changes produced at t1 (same equilibrium quantities β and R∞), the instantaneous
R2(t) and α2(t) are observed. In this case, the breaking angle γb2(t)
can be deﬁned between the wave crest and the new shoreline position
produced at t1 (solid black line):
γ b2 ðt Þ ¼ β−α 1 ðt Þ:

ð23Þ

Under wave conditions produced at tn the breaking angle γbn(t)
expressed as β − αn − 1(t).
The instantaneous beach angle α(t) can be expressed, using Eq. (6),




as arctan 2Rlðt Þ which can be approximated by 2Rlðt Þ (α less than 15%).
The term sin(2·γb(t)) in Eq. (17) can be expressed as a function of β and
α (Eq. (13)) resulting, after a few trigonometric transformations, into:
sinð2γ b ðt ÞÞ ¼ 2 sinð2  βÞ−

4Rðt Þ
 cosð2  βÞ:
l

ð24Þ

Finally, using the previous simpliﬁcations, the characteristic time
scale Ts is evaluated as:
T s ðt Þ ¼

l2  h  ð tan β− tan α ðt ÞÞ
^  E F  χ ðβ; Rðt ÞÞ
4K
r

ð25Þ

χ ðβ; Rðt ÞÞ ¼ sinð2  βÞ−

4  Rðt Þ
 cosð2  βÞ:
l

ð26Þ

The characteristic time scale Ts(t) depends implicitly on the instantaneous shoreline response R(t). This term is also proportional to the
square beach length l2 and the sediment grain size D50 and inversely
proportional to the energy conditions EFr. Therefore, Ts increases in
beaches characterized by large l and coarse sediments (high D50) and
decreases under energetic conditions (high EFr). Once Ts has been evalcan be computed numerically
uated, the rate of shoreline response dR
dt
using an explicit Euler method. More speciﬁcally, for a deﬁned hourly
sea-state, we use a 5-minute time step to solve Eqs. (25) and (3).
Once converged (the solution for each 5-minute time step is iterative),
the shoreline response R(t) and the angle of beach rotation α(t) can
be determined. In summary, we calculate:
1 γb(ti) as the angle equal to the difference between β and α(ti − 1);
2 Ts(ti) and R(ti), iteratively, using the implicit form of Eqs. (24) and (3),
respectively. At t0 (i = 0), the values of Ts(t0) and R(t0) are calculated
from the previous sea state.
3 α(ti) as the angle between the instantaneous shoreline position at ti
and the preceding one produced at ti − 1. At t0 (i = 0), the value of
α(t0) is the one obtained for the previous sea state.
Once converged, the model provides the response of the shoreline
R(t), associated to the sea state, and the angle of beach rotation
α(t) = arctan(2 ∗ R(t) / l).
4. Results
4.1. Seasonal variability of shoreline response
Shoreline response, due to beach rotation, was simulated during a
period of two year from April 2005 to April 2007 at Barcelona beaches.
Because the 3 beaches analyzed are in close proximity, they experience
the same wave climate and, more speciﬁcally, the same energy ﬂux EFr.
As seen in Fig. 6, EFr oscillates between 0 and 800 J/s with a mean value
of 200 J/s. Low values are observed during summer (April–September
2005) and higher values are observed in winter (October 2005–March
2006).
Initial values of β and Ts were computed using the shoreline position
extracted from the video images on 1-April-2005.
The equilibrium beach angle, β, and the characteristic time scale, Ts,
calculated for one year are shown in Fig. 7. The equilibrium angle β oscillates around a mean value of zero and ranges approximately between
±10° in Bogatell (mean of 1.5° and standard deviation of 4°), ±12 in
Nova Icaria (mean of 1.4° and standard deviation of 3.8°) and ±15° in
Somorrostro (mean of 1.1° and standard deviation of 3.5°). Positive/
negative signs of β reﬂect the clockwise/counter-clockwise rotation of
the beach plan-form and consequently the beach advance/retreat
(Fig. 7a). With respect to the characteristic time scale, the mean values
are 100 days at Somorrostro, 250 days at Nova Icaria and 500 days at

Fig. 6. Energy ﬂux, EFr, computed using Eq. (20), during April 2005–April 2006 at Barcelona beaches.
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Fig. 7. Temporal variations in (a) β and (b) Ts during April 2005–April 2006 as computed by the numerical model.

Bogatell (Fig. 7b). Values of Ts increase during summer months when
extended periods of low energy waves occur. Under low energy conditions, Ts is bigger than 1500 days for approximately 50 times at Bogatell,
20 times at Nova Icaria and 5 times at Somorrostro (the shorter beach
with ﬁner sediments). These values decrease with high-energy wave
events in winter (between October 2005 and March 2006) when
more than 80% of Ts is below the mean values for all beaches (Fig. 7b).
The evolution of the shoreline response, R, has been computed at the
northern side (P10) of each beach during April 2005–April 2006 using
observed wave characteristics. The evolution of R (Fig. 8) displays a series of positive and negative changes in shoreline rotation. Seasonal variations can also be characterized by slow shoreline accretion in summer
and fast erosion in winter.

Results obtained at the three beaches show that the instantaneous
shoreline response is primarily controlled by the equilibrium beach
angle and the characteristic time scale. The values of R are lowest
in Bogatell, the longest beach (l = 600 m), than those detected in
Nova Icaria which is a shorter beach with similar grain size (D50 =
0.75 mm), and increase even more in Somorrostro where the sediment
grain size is ﬁner (D50 = 0.45 mm). With respect to Ts, the highest
number of days was observed in Bogatell and it becomes increasingly
smaller in Nova Icaria and even more in Somorrostro.
As seen in Fig. 8, the initial shoreline position used for this simulation is 0.5 m at Bogatell (Fig. 8a), −4.5 m at Nova Icaria (Fig. 8b) and
−2 m at Somorrostro (Fig. 8c). The model shows a good agreement
with the observations with a root mean square error, RMSE, of 1 m at
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Fig. 8. Shoreline response R computed (continuous black line) during April 2005–April 2006 at Barcelona beaches: (a) Bogatell, (b) Nova Icaria and (c) Somorrostro. Field observations are
also plotted (gray crosses).

Somorrostro, 1.16 m at Nova Icaria and 1.35 m at Bogatell. More importantly, the model seems capable of reproducing both the magnitude and
temporal variations of accretion and erosive events. Observations actually seem to be smoother than actual observations and some of the
small scale variability (e.g., end of 2005) is not well reproduced.
4.2. Inter-annual variability of shoreline response
The computation of the shoreline response over longer temporal
scales was carried out for 17 years (1991 to 2008) using the hindcast
wave data (Fig. 9a).
This computation was interested in Nova Icaria because it was the
only beach that did not experience anthropogenic changes (e.g., beach
nourishment) over the period of interest.
The mean value of Hb is 1.5 m and it reaches more than 4 m during
high energy events such as those produced in December 1997, December 2001 and November 2003. Generally, waves come from ESE (110°
with respect to the North) and SSE (160° with respect to the North).

The interannual shoreline response at Nova Icaria is shown in Fig. 9b.
Since no video observations were available in 1991, the model simulation was started assigning a generic reference level (R = 0) as an initial
condition for 1-Jan-1991. Observed shoreline position, extracted from
video images between 2005 and 2007, were used to validate the numerical simulation which is in agreement with the observations (RMSE is
1.2 m while in Fig. 8 it was 1.16 m). Shoreline evolution appears to be
controlled by seasonal variations with slow accretion corresponding to
long periods of moderate wave action (summer time), and faster erosion under high energy conditions (winter time).
The modeled shoreline rotation appears to be controlled by a combination of speciﬁc wave conditions (Hs and Dirb). For example, wave conditions in December 1997, are characterized by a high value of Hb (more
than 5 m) but no signiﬁcant change of wave direction which was between SE (135°) and SSE (160°) (Fig. 9a). These conditions resulted in
small values of R and so of shoreline rotation. On the other hand, high
energy is also observed in December 2001 when waves, coming from
ESE direction (approximately 110° respect to the North reference), are
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Fig. 9. (a) Time series of wave characteristics and (b) shoreline rotation at Nova Icaria beach over the period 1991 to 2008. R reproduces ﬁeld observations of shoreline rotation extracted
from video images between 2005 and 2007 (gray cross). White and black circles represent the maximum shoreline rotation in summer and winter, respectively.

more than 4 m. Under these conditions, R shows much larger negative
changes of the order of 20 m (Fig. 9b).
5. Discussion
5.1. Summary of results
The model developed in this study uses the wave timeseries to reproduce the observed shoreline rotation at the northern end of the
three embayed beaches of Barcelona. The model RMSE evaluated over
two years ranges between 1 and 1.35 m. Modeling results for the
3 Barcelona beaches show that the magnitude of the plan-form change
(quantiﬁed using the response variable R) is higher at shorter beaches
with ﬁne sediments, such as Somorrostro (l = 400 m and D50 =
0.45 mm), while the time required for the beach to respond to wave
forcing (the characteristic time scale Ts) is smaller than that observed

on beaches with larger length and coarser sediment such as Bogatell
which is longer and coarser (l = 600 m and D50 = 0.75 mm). For all
beaches, the characteristic time scale increases in summer when the
wave action is moderate and the time needed for the shoreline rotation
is bigger than that needed to move the plan-form during episodic storm
events. The beach-evolution model is able to reproduce the interannual
shoreline rotation at Nova Icaria beach as well as the seasonal responses
in summer and winter. These responses show slow advance for long periods of low-energy conditions, and faster retreat during high-energy
events. Shoreline change is more sensitive to variations in the incident
wave direction than in wave height (Fig. 9).
5.2. Model assumptions and limitations
The model proposed here has the advantage of being deliberately
simple, computationally efﬁcient and with no calibration factor. Despite

Fig. 10. Shoreline response at P10, P7 and P5 at Somorrostro for the period April 2005–April 2006.
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its simplicity, the numerical model is in good agreement with the observations. Nevertheless, it should be recognized that the present model is
subjected to a number of hypotheses that might limit its applicability to
other beaches. For example, the model neglects the feedback between
changes in beach shape and the incident wave ﬁeld. This assumption
can be valid for short embayed beaches or limited beach rotation but it
will result in increasingly larger errors (in terms of wave transformation,
wave breaking location and longshore current generation) if the beach
width or the angle of beach rotation increase. Assessing the role of
these feedbacks will be the scope of future studies. Similarly, it is likely
that the assumption of a linear shoreline rotating around a pivotal point
is valid only for short beaches (as in this study). To test this hypothesis,
we have computed shoreline change at other alongshore locations and
compared them with the shoreline position acquired from video data
(Fig. 10). Aside from the agreement between model and data, results
show the presence of a ﬁxed pivotal point and that shoreline changes
occur approximately linearly between the different transects. Nevertheless, in more general terms, the assumption of a linear shoreline is stringent and likely to limit the applicability of this approach to short beaches.

5.3. Sensitivity to model parameters
Various model parameters can affect the performance of the model.
In particular, the theoretical development of the characteristic time
scale Ts, presented in Section 3.2.2, assumes that sediment is in motion
once a critical wave height is exceeded. In the numerical model, this is
taken into account when determining EFr (Eq. (21)). Neglecting the critical wave height, the shoreline rotation could also be computed using
EFm (Eq. (18)) as shown in Fig. 11a (gray line). The difference between
model outputs from the two cases (Fig. 11a, gray and black continuous
lines) is primarily related to the initial period of low-energy waves associated with the summer of 2005 (see Figs. 2 and 9). During this period
the model that evaluates Ts without considering a critical wave height
overpredicts shoreline rotation. For this version of the model, sediment
is always considered to be in motion even when the model that uses a
wave height threshold predicts no sediment transport. Once wave
height increases and large changes in the angle of wave approach are
observed (see end of July 2005 in Fig. 2), the two model outputs converge and differences become negligible (Fig. 11a).

Fig. 11. Sensitivity of the beach-evolution model shown by the modeled shoreline rotation (solid-black line) at Nova Icaria beach over one year (2005–2006). The observed data are also
plotted. (a) Computation of the shoreline rotation using (1) a constant closure depth and (2) EFm for the energy ﬂux. (b) Computation of the shoreline rotation using two initial shoreline
positions R0 different from the observed one (R0 = −4.5 m): (1) R0 +2 m and (2) R0 −2 m. (c) R computed from wave data averaging over 3 (dashed-black line), 7 (dotted-black line)
and 14 (solid-gray line) preceding days.
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Evaluation of the depth of closure is still a topic of active research
and model sensitivity to this parameter should be evaluated. Rather
than using the parameterization shown in Eq. (22) (Capobianco et al.,
1997), shoreline rotation has been computed using constant values of
the closure depth (3.5 m and 6.5 m, dashed and dotted black lines in
Fig. 11a, respectively). Results show that this parameter critically controls the modeled shoreline response. Compared to results obtained
with the standard model, using a high value of constant closure depth
(6.5 m) implies a larger characteristic time scale which in turn implies
limited changes in the shoreline response, especially during summer
time (May 2005–September 2005) when wave action is moderate. A
smaller constant value of the closure depth (3.5 m) results in smaller
values of Ts which can at least qualitatively reproduce some of the behavior observed in winter months (November 2005–March 2006)
when the shoreline response decreases. Overall, a non constant closure
depth (varying with time and depending on wave action) and critical
energy conditions seems to be a key requirement for the beachevolution model to successfully reproduce shoreline rotation.
5.4. Sensitivity to initial conditions and averaging of wave forcing
Shoreline rotation was modeled using the observed shoreline position (1-April-2005) as initial condition. Here, the sensitivity of the
model to the initial value of R was analyzed using different values of
the initial shoreline position (−1.5 m and −7.5 m). Fig. 11b shows
that the three curves display the same type of response to the wave climate and the predicted shoreline response converges over time so that
after about 8 months the three shoreline responses are essentially indistinguishable. Determination of the exact amount of time required
for model outputs to converge will be the topic of future studies.
Hourly wave parameters (Hb, Dirb, and TP) were used to compute R
and β but temporal averages of wave data (from days to weeks) could
also be used to simplify the numerical computations or in cases when
hourly measurements are not available. However, temporal averaging
of the wave data reduces the model performance which, for averages
longer than a week, fails to resolve the shoreline response. Fig. 11c
shows model results for a period of one year (from April 2005 to April
2006) using different wave averages over preceding days. As observed
in Fig. 11c, R, computed using wave energy values averaged over the
previous three-days, is roughly similar to the one obtained by the hourly
wave energy. Longer averaging of the incoming wave energy results in a
smoothed evolution of the shoreline because (a) extremes in wave
characteristics are smoothed out through averaging and (b) timing of
extreme events is diffused over the temporal scale of wave averaging.
5.5. Sensitivity to decorrelation between cross-shore and
longshore processes
The beach-evolution model was developed under the assumption
that changes in the alongshore and cross-shore direction are independent and can be analyzed separately (which is the case for the beaches
analyzed in this study, see also Turki et al., 2013). This separation is not a
universal feature of pocket/embayed beaches and observations have
been reported (e.g., Harley et al., 2012) where longshore and crossshore movements are mutually interdependent and cannot be separated. Although no test has been performed, it is likely that in these cases
the skills of the beach-evolution model will decay because some of the
hypotheses over which the model is built are likely to be invalid (e.g.,
linear shoreline, uniform cross-shore proﬁles, and lack of gradients in
wave height). Furthermore, the model assumes that the beach volume
is generally constant and no ‘net loss’ or ‘net gain’ of sand is observed.
Under these assumptions, changes in shoreline position can be mainly
attributed to alongshore transport of sediment from one side of the
beach to the other. This assumption is generally fulﬁlled only on short
or artiﬁcial embayed beaches, where the presence of headlands or the
use of groins prevents sediment losses.
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The numerical model was developed assuming a constant wave
height along the beach. Consequently, we have also assumed a linear
beach response to wave action and considered the cross-shore translation of the shoreline of one end of the beach (the northern side, P10, in
the present study) as a representative proxy of shoreline rotation.
These conditions are generally fulﬁlled only for short beaches where
spatial variations in wave height are negligible and the detailed structure of the nearshore hydrodynamic circulation can be ignored. Beaches
with parabolic plan-forms are mainly generated by gradients in wave
height which are in turn responsible for gradients in longshore sediment transport. The shoreline response along these beaches cannot be
resolved by the present version of the model.

5.6. Future work
The present version of the model requires the use of predictive expressions for the total alongshore transport rate. Other sediment transport formulae could be considered to check model sensitivity and
possibly to include the effect of alongshore gradients in wave height
(e.g., Ozasa and Brampton, 1980). This will help extending the present
model and relax some of the more stringent hypotheses used to predict
shoreline rotation.
Finally, since the model was intended to simulate three beaches on
the Mediterranean sea, little attention has been paid to the tidal range.
Tides at Barcelona beaches are small (range is about 0.2 m) and the
governing equations assume that wave action producing longshore
sand transport and offshore wave conditions are the major factors controlling the shoreline response. For macrotidal beaches, the presence of
tides would affect the amount of time the upper part of the beach is active in a morphodynamic sense. Also, the tidal range could be taken into
account and affect, for example, the evaluation of the depth of closure
(Eq. (21)). More ﬁeld testing under a variety of conditions is needed
to fully assess the role of tides and the possibility of applying the
model to longer macrotidal embayed beaches.

6. Conclusions
A new beach evolution model relating the instantaneous change of
shoreline rotation to the equilibrium plan-form of the shoreline was developed. The model is able to reproduce the plan-form response of 3
pocket beaches using as an input the wave timeseries and the physical
characteristics of the beach. Governing equations were simpliﬁed assuming that the gradients in alongshore sediment transport are negligible and that the beach plan-form is linear. The model has been applied
to three pocket beaches of Barcelona (Spain) and is able to successfully
predict the shoreline position. Results from the numerical model were
compared with shoreline positions extracted from video images and,
over a period of two years, the RMSE is less than 1.5 m. The key advantage of our model is that it is simple (no calibration factor is needed) and
efﬁciently predicts long-term shoreline rotation. Overall, this model
provides a new powerful tool to advance understanding of physical processes of the dynamics of pocket beaches and to predict its future
evolution.
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